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Tetpaywvikos Méogog TM
Quadratic Mean
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ApOuntikos Méoog AM
Arithmetic Mean

a+f a+pB+y
* = =3

a1+a3+m+a,,
v

BayyéAng Woxag 3



Mewpetpikos Méoog I'M

Geometric Mean
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Appovikos Méaog HM

Harmonic Mean
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Avigotnta Cauchy

¢ AplOuntikov-ewperpixov-Appovikov Méaov
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Avigotnta B-C-S

Buniakowsky-Cauchy-Schwarz

® (a? + p%)(x? +y?) 2 (ax + By)?

@ apf.x,yER

@ H woomraoyVetotav:ia = Ax, =y A€ R.
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Avigotnta B-C-S

Evaidaktik) Statumwan

® J/a?+ B2 /xT +y > ax + By
@ apf.x,yER

@ HioomraoyVaiotavia = Ax kat f =y A€R.
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Avigotnta B-C-S
Anodedn |

® (a? + p%)(x? + y2) 2 (ax + By)?

Ao TV tavtoTnTa Tov Lagrange éyouvpe:

(a4 87)( + %) - Gax + g2 = |* B

Enaidn pwg |: gl = (ay — fx)*2 0, égovpe:

(@ +p2) (a2 +y2)-(ax+By)2 20«
@ (a® + 2)(2* + y*) 2 (ax + By).
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Avigotnta B-C-S
Anddedn Il

® (af +a3)(B] + B3) = (a18, + az,)?

@a amodzlfovpe i (af + @i )(B] + £3) 2 (@38 + @z ,)*

@ aif] + aifi + aifi + ajfi 2 aif + 2a,8 @28, + ajf} @

& aifi + aifi 2 2a,f a8, @ (ayf; - azf4)* 2 0 wod woxder
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Avigotnta B-C-S

Anddedn Il
Qzwpovpe ta Sraviopara @ = (a4, @;) xatf = (8,. £,).

Tére: (@] = Jc% +tai, A= ,Iﬁ% + 83
@ -f =@ - |flovv (Ej) = @y, + az ;.
And ™ yveet aviegdtnta

@) = @1 [@oww @F)| 5 @ [B] cxovu

@8y + @zf2| S J“% + aj ‘J’i +83=
= (af + a})(B7 + B3) 2 (a181 + az8,)*.
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Avigotnta B-C-S
Buniakowsky-Cauchy-Schwarz
levikevon |

@ (a® + 8% +y?)(x® + y* + 2%) > (ax + By + y2)?

@® apf.yv.x.y.Zz€R

@ H woomraoyxvetdtav:ia = Ax,f = Ay katy = 4z A4 € R.
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Avigotnta B-C-S

lNevixevon I

N“b And v tavtdtyra tov Lagrange éxovpe:
(@+p2+Y)(2+y2 +2%) - (ax + By +y2) =

2 2 2
o o u
Ena1di 0pwg |: :la+ |: :r-i- |: :'z = 0, éxovpe:

(a® + g% + y?)(x? + y2 + 2%) 2 (ax + By + y2)>.
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Avicotnta B-C-S

lNevixevon I

pbet
e Oa anodelfouvpe dtu:

(af + af + af)(B7 + B3 + B3) = (@1, + @z, + @3f,)*
“.:'z+ 3+ @3 f7 + a}f} + @i B3 + aifi + aifi + aifi 2
2 ajfi + :.’a + W"'a + 2(@ @202 + @y fy@3f; + @z fra38;3) ©

@ aif] + aifi + @} ] + ajf} + aif + ajpi 2
2 2(ayf @B, + @ fy@3f; + ax fra3f;) @

@ (ayf; = azf,)* + (@) B3 = @3f,)? + (@83 — @3f;)* 2 0 wob Ly

ANIZOTHTEE II BayyéAng Woxag 14



Avigotnta B-C-S
65‘&“ w lNevixevon I
he @z podpz ta Siaviopara @ = (ay, @z, @3) mtﬁ = (4.2 83)

Téva: |@| = ’c}+¢,+a,. |3|- ’ﬂ}-l-ﬂ,-l-p,
@ -f =@ - |flovv (5‘7) = ayfy + azfy + ayfy.
And ) yveet avigdtyta

@- ) = [ [Fleve (@.7)| s @1 3] xovus

|y B + @B + @zfy| < J“} + aj + af 'Jﬂ +i+ 03 =
= (af + aj + a3)(B87 + B3 + B3) 2 (@18, + az8; + a3f;)’.
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Avigotnta B-C-S
Buniakowsky-Cauchy-Schwarz
levikevon Il

® (af +aj + - +a3)(B] + 87+ +B7) 2
2 (@18, + @z, + - + a,B,)?

@ H woomraoyvetdotavia; = 48; i =1,2,-v A€ R.
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Avigotnta B-C-S
levixevan 11
sV
awd

(af +af + - +af)(B] + 67 + - + BY) - (@1f1 + @Bz + - + @yB))? =

2 ) 2
-’1 ’zl e +' | +I B> I - +| B :' B +|::=: ::l =

i;ﬂ Iﬁ i Pj
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Avigotnta B-C-S

l'evixevan I11

(£(x) - 2g()" 2 0 @ f2(x) - 221 (x)g(x) + A2g?(x) 2 0.
[P 2 ) dx - 22 ° f(0)g(x)dx + 22 [° g2 (x)dx 2 0.

b 2 b b
NMpénar 4 = 4( L I(x)j(.t)ix) — 4 L fA(x)dx L g°(x)dx < 0.

b 2 b b
([ ra@ar) s [ rPawax: [ geax
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